A special case of a conjecture of R. Douglas is solved by an elementary argument using A'o-theory.
C*-algebra B is the closed ideal of B generated by all commutators ab -ba (a, b G B).) C is the Toeplitz algebra and has the following very useful property: If v is an isometry in a unital C* -algebra B then there exists a unique *-homomorphism ß from C to B suchthat ß(U) -v (Coburn [1] ).
We will be retaining the notation U, C and K throughout this paper. Of course, as is well known, K is the ideal of compact operators in B(H), and is thus a simple C* -algebra.
Let n be a map from the set P of all prime integers into N U {co} and let G(n) denote the set of all quotients a/b where a,b € Z, b > 0, and if p G P and p divides b then k < n(p). This is a subgroup of Q and in fact every subgroup of Q is isomorphic to one of these groups G(n) [4, p. 28] . If nx ,n2, ... is a sequence of positive integers such that nk divides nk+\ (^ -1.2,...)
we denote by Z(l/nx ,l/n2, ...) the subgroup of Q generated by 1/«,, l/«2...
Using the above mentioned fact, one can show by an elementary argument that every subgroup of Q is isomorphic to one of this form Z(l//2,, l/«2, ... ). This is a crucial point in our analysis of Cr. 
.).
We now show that Cr is the direct limit in the category of C*-algebras of the sequence of C*-algebras and *-homomorphism (y/k: K -* K)kK=x with the *-homomorphisms y/ : K -» Cr as "natural" maps. Note that y/ +l y/k -y/ .
Suppose that ß : K -► B are *-homomorphisms into a C*-algebra B such that ß +ly/k = ß (k = 1,2, ... ). We define the *-homomorphism ß on the *-subalgebra U{y/ (K): k = 1,2, ...} by setting /?^ (a) = ß (a). This is well defined since y/ (ax) = y/ (a2) => a1 = a2. Necessarily /? is norm-* k decreasing on each C -algebra y/ (K), and so on their union, which is dense in Cr. Thus ß extends to a unique *-homomorphism ß: CT -* B such that ßyi = ß (k = 1,2, ...). This means that Cr has the appropriate "diagram property" and so Cr is the direct limit of the sequence (y/k : K -» K)kx'=x . By general principles of C*-algebra theory, a direct limit of simple C*-algebras is simple [5] , and a direct limit of ¿IF-algebras is an ^L-algebra [3] . Thus since K is a simple AF-algebra, Cr is a simple ^L-algebra. Also, since the Thus K0(Cr) is the direct limit of the sequence ((¡>k: Z -> Z)k*>=x . But we saw in Proposition 1 that Y = Z(l/nx, l/n2, ...) is the direct limit of this sequence. Thus KQ(Cr) is isomorphic to Y. D Remark. AT depends on Y not just as a group, but as an ordered group. However as we saw above, subgroups of Q are isomorphic iff they are order isomorphic. Thus it follows from Theorem 2 that if Yx and Y2 are subgroups of Q then Cr and CFi are isomorphic iff Yx and Y2 are isomorphic groups. Since Q has infinitely many nonisomorphic subgroups Y we have infinitely many nonisomorphic Cr . By the way (as Douglas pointed out in [2] ) Cr is not type I if r is not isomorphic to Z (since if Cr is type I then Cr is isomorphic to K => Cr is isomorphic to Cz ).
